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This document serves two purposes. First, in section 1, it describes the computational
algorithms employed to solve various cases of the Grossman, Helpman and Kircher (hence-
forth, GHK) model numerically. Second, in section 2, it discusses comparative static results
obtained by numerical simulation, for the case of the model with heterogeneous managers
and workers, and strictly log supermodular productivity functions that exhibit a constant

elasticity of substitution between manager and worker ability.

1 Solution Approach & Numerical Algorithms

In this section, we summarize the equations defining an equilibrium for various cases of
the GHK model, and then discuss how to solve these equations numerically. We begin in
subsection 1.1 by examining the case in which managers are homogeneous and workers are
heterogeneous, so that the sorting of workers across sectors is a meaningful equilibrium out-
come, but the matching of workers to managers is not determined by the model. Subsection
1.2 then considers the case in which both managers and workers are heterogeneous, which
introduces the added complexity of solving for the matching between workers and managers

in equilibrium.
1.1 Homogeneous Managers

1.1.1 Two Regions of Sorting

Suppose that managers are homogeneous and that productivity in sector ¢ as a function

of worker type is denoted by 1/~Jz-(qL). As shown in section 3 of GHK, the first-order condition



for the firm’s optimal choice of worker type implies that the wage function must take the
following form:

w(gr) = wibi(qs) ™, Y, € Qu,, (1.1)
where w; is a constant wage anchor and @)y, is the set of worker types employed in sector
i. Now, we seek an equilibrium in which Qr, = [¢}, @Lmaz] and Qr, = [qrmin, q;] for some
cutoff value ¢; € Sr, so that there are two regions of sorting. We know from Proposition 1

in GHK that a sufficient condition for the equilibrium to take this form is:

e, (qr) _ S (qz)
N V2

, Vg € 51, (1.2)

where ¢ is the elasticity of the function 151 We therefore assume in this section that
condition (1.2) is satisfied by the choice of parameter values.
An equilibrium of this sort is characterized by the following conditions. First, using (1.1),

the zero-profit condition for firms requires:
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where 4; = v, " (1 — ;). Second, the wage function must be continuous at ¢} . Again using

(1.1), we can express this condition as:

wlqj)l(QZ)% = 7~U2@/~)2(QZ)% (1.4)

Third, using (1.1) and the first-order condition for the firm’s optimal choice of the number
of workers, we can write the labor market clearing condition as:

H w1 1 "dLmax . a1 wo 1 ar, -~ L
Aoy / D1(a2) 7 br(qr)dar, — (~2 )T / D2(41) 73 p1(qr)dar, = 0, (15)
L 71ip1 a3, V2P2 dLmin

Ls =

where Lg denotes the (scaled) excess supply of effective labor.! Equations (1.3)-(1.5) jointly
determine the three variables w;, ws, and ¢ .

An outline of the solution algorithm is as follows:
1. Guess a value for the wage anchor w;.
2. Solve equation (1.3) for the implied value of ws, given wy.

3. Solve equation (1.4) for the implied value of ¢}, given w; and w,.

'As in GHK, the effective labor hired per manager by a firm that employs workers with ability g7 in
~ 1
sector ¢ is defined as ¥; (q1.) " I (qr), where [ (q1.) is the actual quantity of labor demanded.



4. Substitute the values for w;, ws, and ¢; into equation (1.5) and check if the labor

market clearing condition is satisfied within some tolerance ¢ > 0.

(a) If Lg > ¢, increase w; and repeat from step 1.

(b) If L < —¢, reduce w; and repeat from step 1.

Note that the direction of adjustment for the guess w; in step 4 is based on the observation
that if excess effective labor supply is positive (negative), it implies that wages are too low
(high) for the labor market to clear, and therefore need to be adjusted upwards (downwards).
More precisely, we can show that the left-hand side of (1.5) is strictly decreasing in wy, once
wy and ¢} are also treated as functions of w; defined by equations (1.3) and (1.4). To see

this, first take logs of (1.3), differentiate with respect to w;, and rearrange terms to obtain:

REOI0

Next, take logs of (1.4), differentiate with respect to w;, substitute equation (1.6), and

rearrange terms to obtain:
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Finally, differentiate equation (1.5) with respect to w; and substitute equations (1.3), (1.4),
(1.6) and (1.7) to obtain:
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The first two terms on the right-hand side of (1.8) are strictly positive, and under condition
(1.2), so too is the third term. Therefore, ffo <0.

The Matlab file masterSolver homMan 2reg.m implements the algorithm described
above for the case in which ;(q) = q;'. Note that, with this specification, the elasticity
g;, is a constant and the assumption that condition (1.2) holds can be made without loss
of generality, since this amounts only to a specific labeling of the sectors. The search rou-
tine on the guess w; then proceeds as follows. First, choose some lower and upper bounds

wmin+w7nam
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[w™ wi**] for the wage anchor w;. Then, set the initial guess to be w;



man

raise the guess in step 4 of the algorithm, set w™" equal to the current value of the guess
for wy; to reduce the guess, set w]*** equal to the current value of the guess for w;. This
routine thereby halves the search region for w; with every iteration, and is guaranteed to
converge as long as the equilibrium value of w; is less than w{"**.

An example of parameter values that generate such an equilibrium is listed in Table 1.
The cutoff worker ability is

¢ = 0.9502

and the resulting wage function is shown in Figure 1. In this figure, shadow wages depict
~ 1

plots of wy;(qr)™ for qr, € Qr;, j # i. Note that the shadow wages are always lower than

actual equilibrium wages, indicating that firms optimally hire the workers that sort to their

sector. The values of the wage anchors are

wy = 0.6180,

we = 0.5556,
and the implied salary for managers is

r = 0.4490.

The measure of managers assigned to each sector is:

H, = 0.6771,
H, = 0.3229.

[Table 1 about here.|

[Figure 1 about here.|

1.1.2 More than Two Regions of Sorting

Now, suppose that condition (1.2) does not hold, so that the equilibrium of the model is
not necessarily characterized by two regions of sorting as in section 1.1.1. In this case, the
equilibrium sorting pattern of the model could potentially take a multitude of forms. Without
prior knowledge about the qualitative characteristics of the sorting pattern, however, it is
difficult to solve the model numerically for a given set of parameter values. Therefore, a more
practical approach is to first fix the sorting pattern of interest and then try to determine

whether a given set of parameter values produces an equilibrium of that form. In this



section, we illustrate this solution approach for a three-region sorting equilibrium in which
Qr, = [qumin, €3] Y (€7, qomaz) and Qr, = (¢}, ¢;*) for some pair of cutoff values ¢ and ¢;*.

An equilibrium of this sort is characterized by similar conditions to those in Section 1.1.1,
except for the following modifications. First, the wage function must be continuous at not

only g7, but also at ¢;*. Therefore, in addition to (1.4), we also require

1

wl@/jl(qz*)“ = w2@/~)2(qz*)%- (1.9)

Second, the labor market clearing condition is now written as

*
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Finally, we must check that firms (or equivalently, workers) cannot earn positive profits by
switching the sector in which they operate, given the conjectured equilibrium sorting regions
and wage function. To do so, we simply compute what profits each firm would earn if it
hired workers in the other sector, and check that these profits are non-positive.?

Equations (1.3), (1.4), (1.9), and (1.10) jointly determine the four variables w;, ws, ¢},
and ¢;*, and if the solution of this system also does not allow for profitable deviations by
firms, they constitute an equilibrium in which the sorting pattern is as initially postulated.

The outline of the solution algorithm in this case is as follows:

1. Guess a value for the wage anchor ws.

2. Solve equation (1.3) for the implied value of ws, given wy.

3. Solve equations (1.4) and (1.9) for the implied values of ¢} and ¢;*, given w; and ws.

4. Substitute the values for wy, we, ¢}, and ¢;* into equation (1.10) and check if the labor

market clearing condition is satisfied within some tolerance € > 0.

(a) If Lg > ¢, raise wy and repeat from step 1.

(b) If Ls < —e&, reduce w; and repeat from step 1.

2Note that equation (1.2) automatically rules out such profitable deviations for the case with two regions

of sorting. A sufficient (but not necessary) condition for the case with three regions of sorting is %.17# <

1"
Eyn (qz) < €4y (qL)
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5. Once |Lg| < €, check that no profitable deviations by firms are possible.

Note that the direction of adjustment for w; in step 4 is based on the same reasoning as in
section 1.1.1. Furthermore, it is possible that the solution obtained from steps 1 to 4 still
allows for profitable deviations by firms. In this case, the postulated sorting pattern is not
consistent with the true equilibrium of the model for the given set of parameter values.

The Matlab file masterSolver homMan 3reg.m implements the algorithm described
above for the case in which ¢;(q.) = (aig? + 1)%, using the same search routine on the ini-
tial wage guess w; as described in section 1.1.1. Note that with this specification of the
productivity function, the elasticity £;, 1s no longer a constant, and therefore it is possible
for equation (1.2) not to hold.

An example of parameter values that generate an equilibrium of the type considered here

is listed in Table 2. The cutoff values of worker ability are
(q7,q7") = (0.9080, 1.8000)
and the resulting wage function is shown in Figure 2. The wage anchors are

wy = 0.6432,
Wy = 05210,

and the implied salary for managers is
r = 0.3887.

The measure of managers assigned to each sector is:

H, = 0.8111,
H, = 0.1889.

[Table 2 about here.|

|[Figure 2 about here.|



1.2 Heterogeneous Managers with Strictly Log Supermodular Pro-
ductivity Functions

1.2.1 Two Regions of Sorting

Suppose now that both workers and managers are heterogeneous and that productivity
in sector i as a function of manager and worker types is denoted by ¥;(qy, qr). As in section
4 of GHK, we assume here that ; is strictly increasing, continuously differentiable, and
strictly log supermodular for « = 1,2, so that the solutions for the matching, wage, and
salary functions must satisfy the following conditions:

i

T VgL € Qriy 1= 1,2 (1.11)

rl(a)] = 7 i (an) 4] T w (ar)
w(e) _ Yirlp(aw), al
w(qr) Vit [ (qr) > qc)
(1 =) Lor, (qr) w(qr)

1 o(qr) = Fon @ e V{u(q),q} € M"™ neN;,i=12  (1.13)

C V{u(q),qy € MV ne Ny i = 1,2 (1.12)

Here, 1 (-) denotes the inverse matching function, so that p (qz) is the ability of managers
that are matched to workers of ability qr. M, ™ denotes the interior of a connected subset of
the equilibrium allocation graph M; in sector ¢, and N; denotes the set of all such connected
subsets.

To solve the system of equations (1.11)-(1.13), we first substitute (1.11) into (1.13) to

eliminate the salary function r (-), obtaining:

, V{ulqr),qu} € Mi"’im, neN;, i=1,2
(1.14)

Equations (1.12) and (1.14) give a system of two differential equations in the unknown

Loy, (qr) } [ w(qr) =

1 (qr) = [Hng ()] ] Lvpites [ (qr) 5 qr)

functions w (-) and p(-). With the appropriate boundary conditions, we can solve these
equations numerically, and then use equation (1.11) to recover the salary function. As with
the case of homogeneous managers, however, the equilibrium sorting of workers and managers
potentially takes a multitude of forms. Therefore, it is again more practical to first fix the
sorting pattern of interest and then try to determine whether a given set of parameter values
is consistent with an equilibrium of that form.

In this section, we discuss the solution approach for the case in which each of the sets Qr;
and Qg; is an interval, such that each graph M; consists of a single connected set (section
1.2.2 discusses the solution approach for more complicated sorting patterns). In this case,

there exist cutoff ability levels ¢; € Sp and ¢j; € S, with workers of ability ¢, > ¢}



sorting into one sector and workers of ability ¢, < ¢j sorting into the other sector, and
similarly for managers. Furthermore, within this class of equilibria there are two qualitatively
distinguishable patterns of sorting. First, the equilibrium could have the best workers and
best managers sorting to the same sector, which we will refer to as a high-high/low-low
(HH/LL) equilibrium. Second, the best workers and the worst managers could sort to the
same sector, which we will refer to as a high-low/low-high (HL/LH) equilibrium. For the
sake of consistency and without loss of generality, we label the sectors such that the best
workers always sort to sector 1. Then, as stated in Proposition 7 of GHK, sufficient conditions

guaranteeing that the equilibrium sorting pattern is of the HH/LL form are

Yiu (C_IH, C_IL) Yon (QH, C_IL)
(1 - 71) (0 (QH><]L) (1 - 72)% (QHa(JL)’ Van € S, 4z € S (1'15)
Uir (qu,qr) _ or (qm,qr) Vau € Su. a1 € Si (1.16)

Y (qm,qr) ~ vebe (qu, qr)’

while Propositions 5 and 6 imply that sufficient conditions for an HL/LH equilibrium are

¢2H (QH> quzn) ,QZ)IH (qH> quax)
(1 - 72) 1?2 (QHu Qme) (1 - 71) 1?1 (QHu QLmax)
ir (QHmina C_IL) Yar, (QHma:ca C_IL)
> , Vqr € S 1.18
M1 (QHmirw QL) Yot2 (QHmaxa QL) r k ( )

, VYqu € Sy (1.17)

We can use these conditions to guarantee that the choice of parameter values for the model
do in fact generate sorting patterns of either the HH/LL or HL/LH form, and then proceed
to solve for equilibria with these qualitative characteristics.

Now, when the equilibrium is of the HH/LL form, the boundary conditions that accom-
pany the system of differential equations (1.12) and (1.14) are the following: (i) continuity of
w () at g, (i) continuity of 4 () at ¢, (i) 1 (amin) = mins and (i) 1 (@omar) = doimar-
Alternatively, when the equilibrium is of the HL/LH form, we still require continuity of the
wage function at ¢ , but the matching function is no longer continuous at ¢j . Instead, bound-
ary conditions (ii)-(iv) are replaced by the following: (ii) 1 (qrmin) = @iy, (ii1) t (qrmaz) = 455
and (iv) p (¢57) = Qrmaz, 1 (¢57) = Qrmin, where ¢~ = lim, sqx ¢ and g7 = limg g ¢

Regardless of whether the equilibrium is of the HH/LL or the HL/LH form, the boundary
conditions (i)-(iv) allow us to solve equations (1.12) and (1.14) numerically for a given value
of ¢g;. In the Matlab file algorithm hetMan 2reg.m, this computation is performed
using the bvp4c solver, which is capable of solving multipoint boundary value problems
such as the one described above. The solver requires separate functions that specify (i)

the differential equations, (ii) the boundary conditions, and (iii) initial guesses for the wage



and matching functions. In the Matlab file, the differential equations are specified in the
function odefun 2sec, while the boundary conditions and initial guesses are specified in
the functions befun  2sec . HHLL and yinit 2sec HHLL respectively for the HH/LL
equilibrium case, and befun  2sec. HLLH and yinit  2sec_ HLLH for the HL/LH case.?

For any given value of g7, the bvp4c solver yields solutions for the matching, wage, and
salary functions that are consistent with equations (1.11)-(1.13) and the boundary conditions.
However, the zero-profit condition (1.11) only ensures that a manager of a given ability
qu € Qp; employed in a sector ¢ cannot earn positive profits by hiring workers of any
ability, if that manager remains in sector i. That is, I1; (¢gg) = 0 for all gy € Qg1 but not
necessarily for all gy € Q o, and similarly I1, (¢ ) = 0 for all gy € Qy2 but not necessarily

for all qg € Q g1, where the profit functions are defined by:

i (qu) = max 7; (g, q1) (1.19)

qLESL

— Vi

1 1
i (qm,qr) = 3ip; i (qu, qr) = w (qn)” % —r (qn) (1.20)

Therefore, in solving for the matching, wage, and salary functions, we must adjust the worker
ability cutoff g7 until the solutions obtained do not enable managers to make positive profits
by hiring workers of any ability, even after allowing managers to switch the sector in which

they operate. The outline of this algorithm is summarized below:
1. Guess a value for the worker ability cutoff ¢; € Si.

2. Given this value of g}, solve the system of differential equations (1.12) and (1.14) using
the appropriate boundary conditions, and compute the implied salary function using

equation (1.11).

3. Using the solutions for p (-), w (-), and 7 (-), compute the profit differentials for man-
agers from switching sectors, AIL (i (qr)] = m [ (qr),qr] — 1L [ (qr)], j # 4, and

check that these differentials are non-positive within some tolerance ¢ > 0.*

(a) If Al [ (qr)] < e for all ¢, € Qri but Ally [ (qr)] > € for some ¢ € Qpro,

adjust ¢; upwards and repeat from step 1.

(b) If Ally [ (qr)] < € for all ¢, € Qra but Ally [ (qr)] > € for some g, € Qp1,

adjust ¢; downwards and repeat from step 1.

3See the Matlab help file on the bvp4c function for more details about the syntax and implementation
of the solver.

“Note that when a manager with ability u (qz) switches sectors, he does not necessarily employ workers
of ability qr, but rather the best workers given his type.



4. Once All; [ (qr)] < e for all g, € Qp; for both i = 1,2, check that II; (1 (qz)) = 0 for
all q;, € Qp; for both i =1, 2.

Note that, in determining the direction of adjustment for ¢; in step 3 of the algorithm, it is
possible in principle that there exists some q;, € Qp; such thatAIL [u (qr)] > €, for both i =
1,2. In this case, the algorithm breaks down. However, we find that whenever the sufficient
conditions (1.15)-(1.16) or (1.17)-(1.18) are satisfied and we search for an equilibrium with
the appropriate sorting pattern, this problem never is encountered in practice.

Also, note that the final check on the zero-profit condition in step 4 is needed be-
cause equation (1.12) is a first-order condition that is necessary but not sufficient to en-
sure zero profits for any manager (the typical second order condition depends on w (-) and
7 (+), which are endogenous). Therefore, while equations (1.11) and (1.12) guarantee that
i lqm, " ()] = 0 for all g5 € Qpgy, they do not rule out the possibility that p=! (qg)
is a local but not global maximizer of (1.19), so that IT; (gzr) > m; (qu, ' (qr)) for some
qu € Qgi. Nonetheless, any solution for the matching, wage, and salary functions obtained
via the algorithm described above is by design consistent with equations (1.11)-(1.13), the
appropriate boundary conditions, as well as zero maximal profits for all firms, and therefore
accurately characterizes an equilibrium of the model.

The Matlab file masterSolver hetMan 2reg.m (which calls algorithm hetMan
_ 2reg.m) implements the algorithm described above for the case in which ¥;(qu,qr) =
(gl + Biqu)%iﬁi with p; < 0. Note that this specification of the productivity function is
strictly log supermodular for any p; < 0, and approaches the Cobb-Douglas specification
studied in Appendix B of GHK as p; approaches 0. The search routine on ¢ is similar to
the one used for the search on the wage anchor w; for the case with homogenous managers.
First, set the bounds for the cutoff worker ability to be [¢},.ins Qmaz) = [qLmin, Qumaz)- Then,
set the initial guess to be ¢; = w% To adjust the guess upwards in step 3 of the
algorithm, set ¢j, ... equal to the current value of the guess for ¢j; to adjust the guess
downwards, set ¢j, .. equal to the current value of the guess for ¢j. This routine halves the
search region for ¢; with every iteration.

An example of parameter values that generate an equilibrium with the HH/LL sorting

pattern is listed in Table 3. The cutoff values for the manager and worker qualities are

¢, = 1.3115,
¢; = 1.3190,

and the resulting matching, wage, and salary functions are shown in Figure 3. Similarly, an

example of parameter values that generate an equilibrium with the HL/LH sorting pattern

10



is listed in Table 4. The cutoff values for the manager and worker qualities are

g}, = 1.2006,
g = 1.2006,

and the resulting matching, wage, and salary functions are shown in Figure 4.
|Table 3 about here.]
[Figure 3 about here.]
[Table 4 about here.|

|[Figure 4 about here.|

1.2.2 More than Two Regions of Sorting

When neither conditions (1.15) and (1.16) nor (1.17) and (1.18) are satisfied, we can no
longer be sure a priori about the sorting pattern of managers and workers in equilibrium,
which makes numerical solution of the model a more challenging problem. Specifically, the
difficulty arises from the fact that implementation of the bvp4c solver requires identification
of the number of distinct regions that characterize the differential equation system, as well
as specification of the boundary conditions that automatically fix the sorting pattern being
considered. Nonetheless, the approach to solving the model numerically for the case in which
there are more than two regions of sorting is qualitatively similar to the case with only two
regions of sorting.

First, for a given number of sorting regions, we identify all possible types of sorting
patterns that could obtain in equilibrium. For example, with three regions of sorting, there
are two pairs of ability cutoffs {¢},¢};} and {¢}*, ¢}f}, with qrmin < ¢ < ¢ < GLmaez and
Qamin < 95 < @57 < @Hmaez- The fact that any equilibrium must exhibit positive assortative

matching within each sector then implies that there are three possible patterns of sorting:

1. Workers of ability ¢;, < ¢} sort to sector 1 and match with managers of ability ¢z < ¢j;;
workers of ability ¢, € (¢}, q;*] sort to sector 2 and match with managers of ability
qu € (¢35, q;7]; workers of ability g, > ¢}* sort to sector 1 and match with managers of
ability ¢y > q37. (low-low/mid-mid/high-high equilibrium, LL /MM /HH)

2. Workers of ability gz, < g} sort to sector 1 and match with managers of ability gy < qj;;
workers of ability ¢, € (¢}, q;*] sort to sector 2 and match with managers of ability
qu > qj; workers of ability g, > ¢7* sort to sector 1 and match with managers of
ability qu € (q5, ¢;f]. (low-low/mid-high /high-mid equilibrium, LL/MH/HM)

11



3. Workers of ability ¢, < gj sort to sector 1 and match with managers of ability ¢y €
(g5, q;f]; workers of ability ¢ € (¢}, q;] sort to sector 2 and match with managers of
ability qu < ¢j;; workers of ability q;, > ¢;* sort to sector 1 and match with managers
of ability gy > ¢jf. (low-mid/mid-low/high-high equilibrium, LM /ML/HH)

Next, for each possible sorting pattern, we specify the boundary conditions for the numerical
solver. For example, for the LL/MM/HH equilibrium, the six boundary conditions would
be (i) continuity of w () at ¢}, (ii) continuity of w (-) at ¢;*, (iii) continuity of p(-) at ¢},
(iv) continuity of u () at ¢7*, (V) 1 (qLmin) = QHmin, and (Vi) p(qrmaz) = QHmaz- We then
proceed using the same algorithm as in the previous section, guessing values for the cutoff
worker ability levels ¢7 and ¢;*, and adjusting these guesses until profitable deviations are
ruled out for all firms.

An example of parameter values that generate an equilibrium with three regions of sorting
(specifically, one of the LM/ML/HH form) is listed in Table 5. The cutoff values for the

manager and worker qualities are

gy = 1.0584,
gy = 1.0853,
q; = 1.1577,
q;" = 1.5115,

and the resulting matching, wage, and salary functions are shown in Figure 5.
[Table 5 about here.]

|[Figure 5 about here.|

2 Comparative Static Results with Heterogeneous Work-

ers and Managers and CES Productivity Functions

In this section, we employ the numerical algorithm discussed in section 1.2 for the case
with heterogeneous workers and managers and CES productivity functions, and solve the
model for different values of parameters to study various comparative static responses. Sub-
section 2.1 studies comparative statics with respect to the relative factor endowment H /L,
subsection 2.2 considers shifts in the supports of the manager and worker ability distributions

Sy and Sy, and subsection 2.3 examines changes in the relative goods price py/p;.

12



For each of these analyses, the approach taken is to first identify all qualitatively distinct
cases of parameter values that might be of interest and then to characterize the comparative
static properties of the model for each case. We also restrict attention here to equilibria
with two regions of sorting, and are particularly interested in determining how a change in

parameter values affects the following four key characteristics of the equilibrium:

1. Sorting: do more workers and managers sort to a particular sector following the change

in parameters?

2. Matching: does the quality of the match for a given worker or manager improve or

worsen?

3. Inter-sector inequality: do real wages and salaries of workers and managers in one
sector increase more than real wages and salaries of workers and managers in the other

sector?

4. Intra-sector inequality: do real wages and salaries of high ability workers and managers
increase more than real wages and salaries of low ability workers and managers within

the same sector?

2.1 Comparative Statics with Respect to H//L

Here, we examine the responses of the matching, wage, and salary functions to a change in
the relative factor endowment %, and interpret the comparative static results as a comparison
of two countries A and B that differ only in % Without loss of generality, we label the
countries such that country A always has a higher ratio of managers to workers than country
B. Subsection 2.1.1 considers equilibria in which the best workers and managers sort to the
same sector in both countries (HH/LL sorting), while subsection 2.1.2 considers equilibria
in which the best workers and the worst managers sort to the same sector in both countries
(HL/LH sorting). Again, we label the sectors such that the best workers always sort to

sector 1.

2.1.1 HH/LL Sorting

In this subsection, we use parameter values listed in Table 6. The values for {v;, «;, 5;},
i € {1,2} are varied to explore a range of qualitatively distinct cases, but always ensuring
that the inequalities in Proposition 7 of GHK (guaranteeing sorting of the best workers and
managers to sector 1) are satisfied. Since these inequalities require ay + 1 > g + 2 when

”yl:72,Weﬁxa1+ﬁ1:23nda2+ﬁgzl.

13



|Table 6 about here.]

To summarize the results of this subsection, the following always obtain regardless of

parameter values:

e wages in country A are always higher than in country B for all worker types, while

salaries in country A are always lower than in country B for all manager types

e if the two sectors have the same factor intensities (y; = 72), then the matching functions

and intra-sector inequality are identical in the two countries

e if factor intensities differ in the two sectors (71 # 72), then:

— country A always has more workers and managers sorting to the sector that is

relatively manager intensive (i.e. has the smaller ) than country B
— the quality of the match for any given worker in sector 2 is better in B than in A

— intra-sector wage inequality in sector 2 is greater in B than in A, while intra-sector

salary inequality in sector 2 is greater in A than in B

However, in terms of the quality of matches and intra-sector inequality in sector 1, there are

2 possible cases:

1. the match quality is better in A than in B for all workers in sector 1, intra-sector wage
inequality in sector 1 is greater in A than in B, and intra-sector salary inequality in

sector 1 is greater in B than in A

2. the match quality is better in B than in A for all workers in sector 1, intra-sector wage
inequality in sector 1 is greater in B than in A, and intra-sector salary inequality in

sector 1 is greater in A than in B

Hence, overall there are 5 qualitatively distinguishable cases for this sorting pattern, which
are described in Table 7. We now examine under what types of parameter values each case

is more likely to obtain.
[Table 7 about here.]

First, case 1 obtains whenever v; = 5, regardless of % and % Examples for this case are
listed in Table 8, and Figure 6 shows a typical example of differences in the matching, wage,

and salary functions.> Here, we see that the matching functions and intra-sector inequality

®Specific parameter values for this figure are {71, a1, 31} = {0.5,1,1}, {72, a2, B2} = {0.5,0.5,0.5} and
HB =0.5.
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are identical in the two countries. Furthermore, wages are higher in A than in B for all

worker types, while salaries are lower in A than in B for all manager types.
[Table 8 about here.]
|[Figure 6 about here.|

Second, case 2 obtains whenever 7, < 7, and at least one of the following is true: (i) v,

and 72 are not too small, (ii) ¢ = 22 and the two ratios are not too large, or (iii)

a4 a2
B1 B2 B1 B2
a az

where B is not too large and s is not too small. Examples for this case are listed in Table
9, and Figure 7 shows a typical example of differences in the matching, wage, and salary
functions.® Here, we see that, as in case 1, wages are higher in A than in B for all worker
types, whereas salaries are lower in A than in B for all manager types. Now, however, more
workers and managers sort to the manager-intensive sector (1) in the manager-abundant
country (A) than in the labor-abundant country (B), and the quality of the match is better
in B than in A for a given worker in sector 2, but is better in A than in B for a given worker
in sector 1. Regarding intra-sector inequality, we see that intra-sector wage inequality is
greater in A than in B for workers in sector 1, but is greater in B than in A for workers in
sector 2; conversely, intra-sector salary inequality is greater in B than in A for managers in

sector 1, but is greater in A than B for managers in sector 2.
|Table 9 about here.]
|Figure 7 about here.|

Third, case 3 obtains whenever (i) 73 < 79, (ii) 71 and 2 are both small, and (iii) either
% = % and both ratios are large, or % #+ % with % large and % small. Examples for
this case are listed in Table 10, and Figure 8 shows a typical example of differences in the
matching, wage, and salary functions.” Here, we see that the results are qualitatively similar
to case 2, except that now the quality of the match is better in B than in A for all worker
types, intra-sector wage inequality is greater in B than in A in both sectors, and intra-sector

salary inequality is greater in A than in B in both sectors.
|Table 10 about here.]

[Figure 8 about here.]

6Specific parameter values for this figure are {y1, a1, 81} = {0.4,1,1}, {72, a2, B2} = {0.6,0.5,0.5}, and
HB =0.5.

"Specific parameter values for this figure are {y1, 1,51} = {0.2,1.8,0.2}, {72, a2, 32} = {0.3,0.9,0.1},
and HE =0.1.
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Fourth, case 4 obtains whenever v; > 79, and at least one of the following is true: (i) 1

and 7, are not too large, (ii) g+ = $2 and the two ratios are not too small, or (iii) g+ # 2
where % is not too small and % is not too large. Examples for this case are listed in Table

11, and Figure 9 shows a typical example of differences in the matching, wage, and salary
functions.® Here, we see that the results are qualitatively similar to case 2, except for the
fact that country A has more workers and managers sorting to sector 2 than country B, since

now sector 2 is the manager-intensive sector.
|Table 11 about here.|
[Figure 9 about here.]

Finally, case 5 obtains whenever (i) v, > 72, (ii) 71 and -, are both large, and (iii) either

% = 22 and both ratios are small, or 2*
1 B2 B1

this case are listed in Table 12, and Figure 10 shows a typical example of differences in the

#+ % with % small and % large. Examples for

matching, wage, and salary functions.” Here, we see that the results are qualitatively similar
to case 4, except that now the quality of the match is better in B than in A for all worker
types, intra-sector wage inequality is greater in B than in A in both sectors, and intra-sector

salary inequality is greater in A than in B in both sectors.
[Table 12 about here.|

|[Figure 10 about here.|

2.1.2 HL/LH Sorting

In this subsection, we use parameter values listed in Table 13. The values for {v;, «;, 5;},
i € {1,2} are varied to explore a range of qualitatively distinct cases, but always ensuring
that the inequalities in Propositions 5 and 6 of GHK (guaranteeing sorting of the best workers
and the worst managers to sector 1) are satisfied. Since these inequalities do not require
ay + B1 # g + [y for particular values of v; and 79, we fix ay + 81 = as + B2 = 1 to keep
things simple.

|Table 13 about here.]

To summarize the results of this subsection, the following always obtain regardless of

parameter values:

8Specific parameter values for this figure are {y1, a1, 81} = {0.6,1,1}, {72, a2, B2} = {0.4,0.5,0.5}, and
HB =0.5.

9Specific parameter values for this figure are {1, 1,51} = {0.8,0.2,1.8}, {72, a2, 32} = {0.7,0.1,0.9},
and HE =0.1.
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e wages in country A are always higher than in country B for all worker types, while

salaries in country A are always lower than in country B for all manager types

e if the two sectors have the same factor intensities (y; = 72), then the matching functions

and intra-sector inequality are identical in the two countries

e if factor intensities differ in the two sectors (y; # 72), then country A always has more
workers and managers sorting to the sector that is relatively manager intensive (i.e.

has the smaller ) than country B

However, in terms of the quality of matches and intra-sector inequality, there are 2 possible

cases:

1. the match quality is better in A than in B for all workers except those that are employed
in different sectors in A and B, intra-sector wage inequality is greater in A than in B
in both sectors, and intra-sector salary inequality is greater in B than in A in both

sectors

2. the match quality is better in B than in A for all workers except those that are employed
in different sectors in A and B, intra-sector wage inequality is greater in B than in A
in both sectors, and intra-sector salary inequality is greater in A than in B in both

sectors

Hence, overall there are three qualitatively distinguishable cases for this sorting pattern,
which are described in Table 14. We now examine under what kinds of parameter values

each case is more likely to obtain.
|Table 14 about here.]

First, case 1 obtains whenever 7, = 75, regardless of % and % Note, however, that
[0}

B—Z.
for this case are listed in Table 15, and Figure 11 shows a typical example of differences in

when ;1 = 75, the inequalities in Propositions 5 and 6 require that % > Examples

the matching, wage, and salary functions.'® Here, we see that the matching functions and
intra-sector inequality are identical in the two countries. Furthermore, wages are higher in A

than in B for all worker types, while salaries are lower in A than in B for all manager types.
[Table 15 about here.]

[Figure 11 about here.|

'9Specific parameter values for this figure are {1,1,81} = {0.5,0.9,0.1}, {72, 2, B2} = {0.5,0.1,0.9},
and HB = 0.8.
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Second, case 2 obtains whenever v; < 7, regardless of % and % Examples for this case
are listed in Table 16, and Figure 12 shows a typical example of differences in the matching,
wage, and salary functions.!! Here, we see that, as in case 1, wages are higher in A than
in B for all worker types, while salaries are lower in A than in B for all manager types.
Now, however, more workers and managers sort to the manager-intensive sector (1) in the
manager-abundant country (A), and the quality of the match is better in A than in B for any
given worker, except for those employed in different sectors in the two countries. Regarding
intra-sector inequality, we see that intra-sector wage inequality is greater in A than in B in

both sectors, while intra-sector salary inequality is greater in B than in A in both sectors.
|Table 16 about here.]
[Figure 12 about here.|

Finally, case 3 obtains whenever v; > 7, regardless of % and % Note, however, that
when ~; > 79, the inequalities in Propositions 5 and 6 require that % > % Examples for
this case are listed in Table 17, and Figure 13 shows a typical example of differences in the
matching, wage, and salary functions.'? Here, we see that as in case 1, wages are higher in
A than in B for all worker types, while salaries are lower in A than in B for all manager
types. Now, however, more workers and managers sort to the manager-intensive sector (2)
in the manager-abundant country (A), and the quality of the match is better in B than in
A for any given worker, except for those employed in different sectors in the two countries.
Regarding intra-sector inequality, we see that intra-sector wage inequality is greater in B
than in A in both sectors, while intra-sector salary inequality is greater in A than in B in

both sectors.
|Table 17 about here.]

[Figure 13 about here.]

2.2 Comparative Statics with Respect to S; and Sy

Here, we examine the response of sector output levels to shifts in the supports of the

worker and manager ability distributions, Sy, and Sy, and interpret the comparative static

HSpecific parameter values for this figure are {v1,a1,81} = {0.4,0.5,0.5}, {72, a2, B2} = {0.6,0.5,0.5},
and HB =0.8.

128pecific parameter values for this figure are {v1,a1, 81} = {0.6,0.7,0.3}, {72, a2, B2} = {0.4,0.3,0.7},
and HB = 0.8.
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results as a comparison of two countries A and B that differ only in Sy, Sy, or both. Specif-
ically, we fix the supports of the distributions in countries A and B as S# = [¢rmin, (Fmaz)
and SZ = [Arqrmin; AFqrmaz) respectively, where F' € {H, L}. Note that this is equivalent to
comparing two economies A and B in which the densities of the worker distributions satisfy
dE(A\rqr) = ¢2(qr)/Ar, i.e. with the Jacobians of transformation accounted for. In what
follows, we use parameter values listed in Table 18. The values for Ap, F' € {H, L} and
{vi, i, Bi}, i € {1,2} are varied to explore a range of qualitatively distinct cases, but we fix

a1+ B1 = ag + P2 = 1 to keep things simple.
[Table 18 about here.]

We first study the comparative statics fixing Ay = 1 and Ay > 1, so that the two countries
differ only in the support of the worker ability distribution, with country B having workers
of higher ability than country A. Also, we suppose without loss of generality that v, < 7, so
that sector 2 is relatively labor intensive. The results of this analysis can then be categorized

according to the following two cases:
1. Relative output of sector 2 to sector 1 is lower in country A than in country B.

2. Relative output of sector 2 to sector 1 is higher in country A than in country B.

Case 1 is more likely to obtain whenever % is large enough relative to %, whereas case 2
is more likely to obtain whenever % is large enough relative to % This is true regardless

of whether the equilibrium sorting pattern is of the HH/LL or HL/LH type. Examples for
the two cases are listed in Tables 19 and 20 respectively, where we set A\, = 1.1. Given
the symmetry of the model with respect to the two factors, the converse comparative static

results apply when Ay > 1 and A\, = 1.
[Table 19 about here.]
|Table 20 about here.]

How does relative sector output compare in the two countries when both Ay and A are
different from 17 Here, we find that regardless of the equilibrium type, the ratio of relative
sector output in the two countries depends only on the ratio A /Ag. In other words, shifting
only S; with A\, = XA # 1 and Ay = 1 has the same effect on relative sector output as shifting
both Sy and Sy with Ay # 1, Ay # 1 and A\ /Ay = X. Therefore, the comparative static
results discussed above with respect to shifts in Sy, alone also apply to shifts in both Sy, and

Sy simultaneously .
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2.3 Comparative Statics with Respect to pi/p-

Here, we examine the responses of the matching, wage, and salary functions to a change in
the relative goods price, specifically an increase in p,. Subsection 2.3.1 considers equilibria
in which the best workers and managers sort to the same sector (HH/LL sorting), while
subsection 2.3.2 considers equilibria in which the best workers and the worst managers sort
to the same sector (HL/LH sorting). Again, we label the sectors such that the best workers

always sort to sector 1.

2.3.1 HH/LL Sorting

In this subsection, we use parameter values listed in Table 21. The values for {v;, «;, 5;},
i € {1,2} are varied to explore a range of qualitatively distinct cases, but always ensuring
that the inequalities in Proposition 11 of GHK (guaranteeing sorting of the best workers and
managers to sector 1) are satisfied. Since these inequalities require oy + 31 > g + 2 when

Y1 = Y2, we fix ag + /1 =2 and ay + [y = 1.
[Table 21 about here.|

To summarize the results of this subsection, an increase in py always leads more workers
and managers to sort to sector 2, but in terms of the implications for (i) the quality of
matches, (ii) inter-sector inequality, and (iii) intra-sector inequality, there are 5 qualitatively
distinguishable sets of matching-wage-salary responses. These cases are described in Table
22. We now examine under what kinds of parameter values each case is more likely to obtain.

[Table 22 about here.|

First, case 1 is a knife-edge case that results only when ~v; = v, = 0.5 and % = % =
Figure 14 shows the matching, wage, and salary function responses for this case.!® Here,
we see that more workers and managers sort to sector 2, but the quality of the match for
a given worker or manager does not change. Regarding inter-sector inequality, workers and
managers remaining in sector 2 enjoy wage and salary increases that are exactly proportional
to the price increase, whereas workers and managers remaining in sector 1 see no change in
their wages or salaries. Hence, real wages and salaries increase for workers and managers
remaining in sector 2, but decrease for workers and managers remaining in sector 1, and
change ambiguously for workers and managers that switch sectors. Furthermore, there is no

change in intra-sector wage or salary inequality.

13Specific parameter values for this figure are {y1, a1, 51} = {0.5,1,1}, {72, a2, 32} = {0.5,0.5,0.5}, and
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|[Figure 14 about here.|

Second, case 2 is more likely to obtain whenever |y; — 5| = € for e sufficiently small,

and at least one of the following is true: (i) 71 and 72 are both small, (ii) + = $2 and both

ratios are large, or (iii) 5 is low. Examples for this case are listed in Table 23, and Figure
15 shows a typical example of the matching, wage, and salary function responses.'* As in
case 1, more workers and managers sort to sector 2, but now the quality of the match for any
given worker increases and the quality of the match for any given manager decreases after the
price change. Regarding inter-sector inequality, real wages increase for workers remaining
in sector 2, but decrease for workers remaining in sector 1; real salaries of managers change
ambiguously. Furthermore, we see that now intra-sector wage inequality increases in both
sectors, whereas intra-sector salary inequality decreases in both sectors. Note that it is
possible to have 7; # 5 and still have the matching-wage-salary responses characterized by
case 2. For example, when {y;,a; 81} = {0.4,1,1} and {79, g, B2} = {0.41,0.5,0.5}, the

responses are characterized by case 2.
[Table 23 about here.]
|[Figure 15 about here.|

Third, case 3 is more likely to obtain whenever |y; — 9| = ¢ for e sufficiently small,

and at least one of the following is true: (i) 71 and 7 are both large, (ii) & = 3 and
ai

both ratios are small, or (iii) 5, 1s low. Examples for this case are listed in Table 24, and
Figure 16 shows a typical example of the matching, wage, and salary function responses.'®
Here, we see that the results are qualitatively the same as those for case 2, except that the
roles of workers and managers are reversed. Specifically, the quality of the match for any
given worker decreases and the quality of the match for any given manager increases after
the price change. Regarding inter-sector wage inequality, real salaries increase for managers
remaining in sector 2, but decrease for managers remaining in sector 1; real wages of workers
change ambiguously. Furthermore, we see that now intra-sector wage inequality decreases
in both sectors, whereas intra-sector salary inequality increases in both sectors. Note that it
is possible to have 7; # v9 and still have the matching-wage-salary responses characterized
by case 3. For example, when {7y, oy 51} = {0.6,1,1} and {73, as, f2} = {0.61,0.5,0.5}, the

responses are characterized by case 3.

8pecific parameter values for this figure are {y1, a1, 81} = {0.1,1,1}, {72, a2, B2} = {0.1,0.5,0.5}, and
Apg = 20%
15Gpecific parameter values for this figure are {y1, a1, 51} = {0.9,1,1}, {72, a2, 32} = {0.9,0.5,0.5}, and
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|Table 24 about here.]
|[Figure 16 about here.|

Fourth, case 4 is more likely to obtain whenever 7, — vy = ¢ > 0 and ¢ is large enough,
regardless of % and % Examples for this case are listed in Table 25, and Figure 17 shows a
typical example of the matching, wage, and salary function responses.'® Here, we see that the
quality of the match deteriorates for a given worker remaining in sector 1, but improves for a
given worker remaining in sector 2. Conversely, the quality of the match improves for a given
manager remaining in sector 1, but deteriorates for a given manager remaining in sector 2.
Regarding inter-sector inequality, the real wages of workers remaining in sector 2 increase,
and the real salaries of managers remaining in sector 1 decrease. Real wages for workers
remaining in sector 1 could either change ambiguously (as in Figure 17) or could strictly
increase (not shown). Real salaries for managers remaining in sector 2 could either strictly
decrease (as in Figure 17) or could change ambiguously (not shown). Regarding intra-sector
inequality, wage inequality decreases in sector 1 and increases in sector 2, whereas salary
inequality increases in sector 1 and decreases in sector 2. Note that it is possible to have
v2 > 71 and yet not have the matching-wage-salary responses characterized by case 4. For
example, when {7, a1, 51} = {0.4,1,1} and {72, s, B2} = {0.41,0.5,0.5}, the responses are
characterized by case 2, and when {y;, a1, f1} = {0.6, 1, 1} and {7, as, B2} = {0.61,0.5,0.5},

the responses are characterized by case 3.

|Table 25 about here.]
|[Figure 17 about here.|

Finally, Case 5 is more likely to obtain whenever 7, —v5 = ¢ > 0 and ¢ is large enough,
regardless of % and % Examples for this case are listed in Table 26, and Figure 18 shows
a typical example of the matching, wage, and salary function responses.!'” Here, we see
that the results are qualitatively the same as those for case 4, except that the roles of
workers and managers are reversed. Specifically the quality of the match improves for a
given worker remaining in sector 1, but deteriorates for a given worker remaining in sector
2, and conversely, the quality of the match deteriorates for a given manager remaining
in sector 1, but improves for a given manager remaining in sector 2. Regarding inter-

sector inequality, the real salaries of managers remaining in sector 2 increase, and the real

16Specific parameter values for this figure are {v1, a1, 51} = {0.4,1,1}, {72, a2, 32} = {0.6,0.5,0.5}, and
Apg = 20%
17Specific parameter values for this figure are {y1, a1, 51} = {0.6,1,1}, {72, a2, 32} = {0.4,0.5,0.5}, and
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wages of workers remaining in sector 1 decrease. Real salaries for managers remaining in
sector 1 could either change ambiguously (as in Figure 18) or could strictly increase (not
shown). Real wages for workers remaining in sector 2 could either strictly decrease (as
in Figure 18) or change ambiguously (not shown). Regarding intra-sector inequality, wage
inequality increases in sector 1 and decreases in sector 2, whereas salary inequality decreases
in sector 1 and increases in sector 2. Note that it is possible to have 7, > 5 and yet
not have the matching-wage-salary responses characterized by case 4. For example, when
{v1, 1,51} = {0.4,1,1} and {9, o, B2} = {0.39,0.5,0.5}, the responses are characterized
by case 2, and when {v;, a1, 51} = {0.6,1,1} and {9, s, 52} = {0.59,0.5,0.5}, the responses

are characterized by case 3.
[Table 26 about here.]

[Figure 18 about here.]

2.3.2 HL/LH Sorting

In this subsection, we use parameter values listed in Table 27. The values for {v;, «;, 5},
i € {1,2} are varied to explore a range of qualitatively distinct cases, but always ensuring
that the inequalities in Propositions 5 and 6 of GHK (guaranteeing sorting of the best workers
and the worst managers to sector 1) are satisfied. Since these inequalities do not require
ay + B1 # ag + [y for particular values of v; and 7, we fix ay + 81 = as + B2 = 1 to keep
things simple.

|Table 27 about here.]

To summarize the results of this subsection, an increase in p, always leads more workers
and more managers to sort to sector 2. Furthermore, the change in the matching function
is always characterized as follows: the quality of the match deteriorates for all workers that
remain in their original sector, but improves for workers that switch sectors; conversely, the
quality of the match improves for all managers remaining in their original sector, but deteri-
orates for managers that switch sectors. The implications for intra-sector inequality are also
always the same: wage inequality decreases in both sectors and salary inequality increases
in both sectors following the price change. The only difference in the comparative static
results for this sorting pattern concerns the implications of the price change for inter-sector
inequality. Here, there are 5 qualitatively distinguishable sets of responses, as described in
Table 28. We now examine under what kinds of parameter values each case is more likely to

obtain.
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|Table 28 about here.]

First, case 1 is more likely to obtain when |y; — 75| = ¢ for ¢ sufficiently small, and both

~v1 and v, are close to 0.5, regardless of % and % Note, however, that when ~; = ~,, the
B—Z.
Table 29, and Figure 19 shows a typical example of the matching, wage, and salary function
8

inequalities in Proposition 10 require that % > Examples for this case are listed in

responses.'® Here, we see that the matching function response and the implications for
intra-sector inequality are as described above. With regard to inter-sector inequality, we see
that real wages increase for the worst workers remaining in sector 2, change ambiguously for
the best workers remaining in sector 2, and decrease for all workers remaining in sector 1.
On the other hand, real salaries increase for the best managers remaining in sector 2, and
change ambiguously for the worst managers remaining in sector 2 as well as for all managers
remaining in sector 1. It is also possible, however, for real wages of the worst workers
remaining in sector 1 to change ambiguously, and for real salaries of the worst managers
managers in sector 2 to decrease instead.!” Nonetheless, real wages of the worst workers
remaining in sector 2 and real salaries of the best managers remaining in sector 2 always

increase.
|Table 29 about here.]
[Figure 19 about here.]

Second, case 2 is more likely to obtain when |y, — v, = ¢ for € sufficiently small, and

both v, and 7, are small, regardless of % and % Note, however, that when ~; = 7, the

a2
Bz
Table 30, and Figure 20 shows a typical example of the matching, wage, and salary function

inequalities in Proposition 10 require that % > Examples for this case are listed in

responses.?’ Here, we see that the matching function response and the implications for intra-
sector inequality are the same as in case 1. With regard to inter-sector inequality, we see that
real wages increase for workers remaining in sector 2, but decrease for workers remaining in

sector 1. Real salaries, on the other hand, change ambiguously for all managers.

[Table 30 about here.]

|[Figure 20 about here.|

18Specific parameter values for this figure are {v1, a1, 51} = {0.5,0.6,0.4}, {72, a2, B2} = {0.5,0.4,0.6},
and Apy = 5%.

Y For example, this happens when parameter values are the same as in Figure 19, but py increases by 1%
instead of 5%.

20Specific parameter values for this figure are {y1, a1, 51} = {0.1,0.9,0.1}, {2, a2, 32} = {0.1,0.1,0.9},
and Ap2 = 10%
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Third, case 3 is more likely to obtain when |y; — 73| = ¢ for ¢ sufficiently small, and

both v, and =, are large, regardless of % and % Note, however, that when v, = 75, the

a2
Bz
Table 31, and Figure 21 shows a typical example of the matching, wage, and salary function

inequalities in Proposition 10 require that % > Examples for this case are listed in
responses.?! Here, we see that the matching function response and the implications for intra-
sector inequality are the same as in case 1. With regard to inter-sector inequality, we see
that real salaries increase for managers remaining in sector 2, but decrease for managers

remaining in sector 1. Real wages, on the other hand, change ambiguously for all workers.
[Table 31 about here.]
|[Figure 21 about here.|

Fourth, case 4 is more likely to obtain when either (i) §- < 2 or (i) 3+ > 3 and

a1

Yo — 1 = € > 0 for ¢ sufficiently large. Note that when a5 = %, the inequalities in
Proposition 10 require that 71 < 72 (even if we allow for ay + 81 # as + (2). Examples
for this case are listed in Table 32, and Figure 22 shows a typical example of the matching,
wage, and salary function responses.?? Here, we see that the matching function response
and the implications for intra-sector inequality are the same as in case 1. With regard to
inter-sector inequality, we see that real wages increase for all workers, while real salaries
decrease for all managers. It is also possible, however, for real wages of workers remaining in
sector 1 and real salaries of managers remaining in sector 2 to change ambiguously instead.?3
Nonetheless, real wages of workers remaining in sector 2 always increase, and real salaries of

managers remaining in sector 1 always decrease.

|Table 32 about here.]
|[Figure 22 about here.|

Finally, case 5 is more likely to obtain when v, — v = ¢ > 0 for ¢ sufficiently large.
Note that when v; > 7, the inequalities in Proposition 10 also require % > % . Examples
for this case are listed in Table 33, and Figure 23 shows a typical example the matching,

wage, and salary function responses.?* Here, we see that the matching function response

21Gpecific parameter values for this figure are {y1, a1, 81} = {0.9,0.9,0.1}, {72, a2, 52} = {0.9,0.1,0.9},
and Ap2 = 10%

22Specific parameter values for this figure are {y1, a1, 51} = {0.4,0.5,0.5}, {72, a2, 32} = {0.6,0.5,0.5},
and Apy = 10%.

23The following parameter values generate an example with these characteristics:{y1,a1,01} =
{0.1,0.1,0.9} and {72, a2, B2} = {0.9,0.2,0.8}.

24Specific parameter values for this figure are {y1, a1, 81} = {0.7,0.9,0.1}, {72, a2, 32} = {0.3,0.1,0.9},
and Ap2 = 10%
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and the implications for intra-sector inequality are the same as in case 1. With regard to
inter-sector inequality, we see that real wages decrease for all workers, while real salaries
increase for all managers. It is also possible, however, for real wages of workers remaining in
sector 2 and real salaries of managers remaining in sector 1 to change ambiguously instead.?’
Nonetheless, real wages of workers remaining in sector 1 always decrease, and real salaries

of managers remaining in sector 2 always increase.
|Table 33 about here.]

[Figure 23 about here.]

25The following parameter values generate an example with these characteristics:{yi, 1,51} =
{055, 09, 01} and {’}/2, QQ,BQ} = {045, 06, 04}
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Figure 16: Response of matching, wage, and salary functions for case 3, p;/ps comparative
statics, HH/LL sorting
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Figure 17: Response of matching, wage, and salary functions for case 4, p;/ps comparative
statics, HH/LL sorting
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Figure 18: Response of matching, wage, and salary functions for case 5, p;/ps comparative
statics, HH/LL sorting
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Figure 19: Response of matching, wage, and salary functions for case 1, p;/ps comparative
statics, HL/LH sorting
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Figure 20: Response of matching, wage, and salary functions for case 2, p;/ps comparative
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Figure 21: Response of matching, wage, and salary functions for case 3, p;/ps comparative
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Figure 23: Response of matching, wage, and salary functions for case 5, p;/ps comparative
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H 1 pr| 1 p2 | 1
I 1 7] 04] [ |06
SL [05, 15] (0%} 0.9 (6] 0.1
kr 3

Table 1: Example of parameter values generating an equilibrium with two regions of sorting,

homogeneous managers
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I 1 v 105 ] [72 ] 05
S, [[05,25] | [ar |02 [z |08
]{ZL 3 P1 -1 P2 -20

Table 2: Example of parameter values generating an equilibrium with three regions of sorting,
homogeneous managers
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H 1 pr| 1 p2 | 1
SH [1,2] (03] 1 [6%) 0.5
Sy |2l [B][ 1] [B]05
kg | 3 p1 | -5 p2 | -5
kr, 3

Table 3: Example of parameter values generating an equilibrium with the HH/LL sorting
pattern, heterogeneous managers
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H 1 pr| 1 p2 | 1
SH [1,2] (05} 0.9 (0%)] 0.1
Sy [ [L2]] [B]01] [B]09
kg | 3 p1 | -1 p2 | -1
kr, 3

Table 4: Example of parameter values generating an equilibrium with the HL/LH sorting
pattern, heterogeneous managers
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=

pr| 1 pe | 1
Y1 0.6 Y2 0.4

[l
—_| =] =

SH [1, ]_] (03] 0.2 9 0.3
St [1, 2] 511 0.8 By | 0.7
ky 3 pr| -1 p2 | -5
kr, 3

Table 5: Example of parameter values generating an equilibrium with three regions of sorting,
heterogeneous managers
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HA 1 SH [1 s 2] P1 1 D2 1

LA 1 St | [1,2] ~v1 | varied Yo | varied

a8 | varied, < 1 kg 3 oy | varied oy | varied

LB 1 kr, 3 [q | varied By | varied
pr| - p2 | -5

Table 6: Parameter values used for studying comparative statics with respect to H/L,
HH/LL sorting
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Case

Sorting

Matching

Inter-sector
Inequality

Intra-sector
Inequality

same sorting

same matching

w? (qr) < w? (q)

same Intra-sector

better in B than in
A7
quality of match
for a given W in S1
better in A than in
B

in A and B
A an function in A and for all q;, € St inequality in A and
B P (qu) > (qm) B
for all gg € Sy
more Ws
d M t
(2) ane s sor quality of match same as (1) w inequality
to S2in B . . .
. for a given W in S2 greater in A than

than in A

in B for S1, greater
in B than in A for
S2; r inequality
greater in B than
in A for S1, greater
in A than in B for
S2

same as (2)

quality of match
for any given W
better in B than in
A

same as (1)

w inequality
greater in B than
in A for both S1

and S2; r
inequality greater
in A than in B for

both S1 and S2

more Ws
and Ms sort
to S1in B
than in A

quality of match
for a given W in S2
better in B than in
A

quality of match

Y

for a given W in S1
better in A than in
B

same as (1)

same as (2)

same as (4)

quality of match
for any given W
better in B than in
A

same as (1)

same as (3)

Table 7: Possible cases for H/L comparative statics, HH/LL sorting (W: worker, M: man-

ager, S: sector)
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Example Qualitative Type Specific values

1.1 Y1 = 72 =0.5 {’}/1,(11,51} = {0.5,1,1}
A =02=1 {42, a9, B2} = {0.5,0.5,0.5}
1.2 Y1 = Y2 = 0.5 {’71,0[1751} = {05,02, 18}
F=%<1 {72, 2, B2} = {0.5,0.1,0.9}
1.3 Y1 =2 = 0.5 {’71,0&1751} = {0.5, 1.8, 0.2}
F=%>1 {y2, a9, B2} = {0.5,0.9,0.1}

1.4 Y1 =72 < 0.5 {’71,(11,51} = {0.1, 1, 1}
‘éi = %3 =1 {727042,52} = {0.1,0.5,0.5}
1.5 v =2 < 0.5 {m,a1,1} ={0.1,0.2,1.8}
ar=%2 <1 {72, a2, B2} = {0.1,0.1,0.9}
1.6 v =72 < 0.5 {71,010 81} = {0.1,1.8,0.2}
L=%>1 {79, 2, B2} = {0.1,0.9,0.1}

1.7 71 =" > 05 {7,018} ={0.9,1,1}
a=2=1 {72, 22,2} = {0.9,0.5,0.5}
1.8 Y1 =72 > 0.5 {71,041751} = {0.9,0.2, 1.8}
F=%<l1 {y2, a9, B2} = {0.9,0.1,0.9}
1.9 v =2 > 0.5 {m,a1,81} ={0.9,1.8,0.2}
F=F>1 {y2, a9, B2} = {0.9,0.9,0.1}
1.10 =2 {’71, 041751} = {05, 08, 12}
F<F {72, 2, B2} = {0.5,0.5,0.5}

1.11 =72 {y1,01,81} ={0.5,1,1}
&> % {’72, a9, 52} = {0.5, 0.4, 0.6}

Table 8: Examples for case 1, H/L comparative statics, HH/LL sorting
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Example

Qualitative Type

Specific values

2.1 71 <72 <05 {m,01, 6} ={02,1,1}
n=m=1 {72, a2, B2} = {0.3,0.5,0.5}
2.2 71 < 0.5 < 7o {1,018} = {0.4,1,1}
=5 =1 {72, a2, B2} = {0.6,0.5,0.5}
2.3 0.5 <1 <7 {1,018} = {0.7,1,1}
=5 =1 {72, 2, B2} = {0.8,0.5,0.5}
24 M <72 <05 {v, 01,81} ={0.2,0.2,1.8}
m=5<1 {72, a2, B2} = {0.3,0.1,0.9}
2.5 71 < 0.5 <y {’yl,alﬁl} ={04,0.2,1.8}
=5 <1 {72, 2, B2} = {0.6,0.1,0.9}
2.6 0.5 < v <72 {717041751} = {07702, 18}
s =7 <1 {72, a2, B2} = {0.8,0.1,0.9}
21 M <05 < {y1,01,81} = {0.4,1.8,0.2}
a=5>1 {72, a2, 82} = {0.6,0.9,0.1}
2.8 0.5<m <72 {m,a1,61} ={0.7,1.8,0.2}
T=F>1 {72, 2, 82} = {0.8,0.9,0.1}

Table 9: Examples for case 2, H/L comparative statics, HH/LL sorting
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Example ‘ Qualitative Type ‘ Specific values

31 71 <72 <05 (v, 0151} = {02,1.8,0.2}
=5 >1 {72, a2, Ba} = {0.3,0.9,0.1}

32 M <72 <05 {71,161} = {0.2,1.2,0.8}
B> = {9, a2, Ba} = {0.3,0.5,0.5}

3.3 Y1 < v2 < 0.5 {’yl, a1751} = {0.2, 1, 1}
B <5 = (o, 2, Bo} = {0.3,0.4,0.6}

Table 10: Examples for case 3, H/L comparative statics, HH/LL sorting
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Example

Qualitative Type

Specific values

4.1 Yo <71 <05 {’717041,51} = {0.3’ 1, 1}
n=5=1 {72, a2, B2} = {0.32,0.5,0.5}
=5 =1 {72, a2, B2} = {0.4,0.5,0.5}

4.3 05 <y <m {1,018} = {0.8,1,1}
=5 =1 {72, a2, B2} = {0.7,0.5,0.5}

4 72 <m <05 {1, 01,81} ={0.3,0.2,1.8}
m=5<1 {72, a2, Bo} = {0.2,0.1,0.9}

5 72 <05 <m {y1,01,81} = {0.6,0.2,1.8}
=5 <1 {72, 2, B2} = {0.4,0.1,0.9}

46 72 <M <05 {71,018} ={0.3,1.8,0.2}
a=5>1 {72, 2,82} = {0.2,0.9,0.1}

47 72 <05<m {1,161} = {0.6,1.8,0.2}
a=5>1 {72, 2, B2} = {0.4,0.9,0.1}

4.8 0.5 <2 <m {m,a1,61} ={0.8,1.8,0.2}
T=F>1 {72, a2, 82} = {0.7,0.9,0.1}

Table 11: Examples for case 4, H/L comparative statics, HH/LL sorting
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Example ‘ Qualitative Type ‘ Specific values

51 0.5 <72 <m {71,011} = {0.8,0.2,0.1}
=5 <1 {72, 2, B2} = {0.7,0.1,0.9}

52 0.5 <72 <m {71,018} = {0.8,1,1}
F>5=1 {72, a2, B2} = {0.7,0.7,0.3}

>3 0.5 <72 <m {71,015} ={0.8,0.6,1.4}
<=1 {2, a2, B2} = {0.7,0.5,0.5}

Table 12: Examples for case 5, H/L comparative statics, HH/LL sorting
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HA 1 SH [1 s 2] P1 1 D2 1

LA 1 St | [1,2] ~v1 | varied Yo | varied
a8 | varied, < 1 kg 3 oy | varied oy | varied
LB 1 kr, 3 [q | varied By | varied

P1 -0.5 P2 -0.5

Table 13: Parameter values used for studying comparative statics with respect to H/L,
HL/LH sorting

66



Case Sorting Matching Inter-sector Intra-sector
Inequality Inequality
(1) pade sorting same matching w? (qr) < w? (q1) same intra-sector
in A and B . : o
function in A and for all q;, € St inequality in A and
B v (qi) > 4 (an) B
for all gy € Sy
more Ws
(2) and MS sort quality of match same as (1) w inequality
to S2in B i i
than in A for all Ws better in greater in A than
A than in B, in B for both S1
except for workers and S2; r
employed in inequality greater
different sectors in in B than in A for
A and B both S1 and S2
more Ws
(3) and MS sort quality of match same as (1) w inequality
to Sl in B . .
than in A for all Ws better in greater in B than
B than in A, in A for both S1
except for workers and S2; r
employed in inequality greater
different sectors in in A than in B for
A and B both S1 and S2

Table 14: Possible cases for H /L comparative statics, HL/LH sorting (W: worker, M: man-
ager, S: sector)
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Example Qualitative Type Specific values
1.1 Y1 =7=05 {71,010 81} = {0.5,0.2,0.8}
% < % <1 {’72,0[2,52} = {05,01,09}
1.2 Y1 =7 =05 {71,010 81} = {0.5,0.9,0.1}
% <1l< % {’72,0&2,52} = {0.5,0.1,0.9}
1.3 1 =97=05 {71,010 81} = {0.5,0.9,0.1}
1< % < % {72,042,52} = {0.5,0.8,0.2}
1.4 71 =72 <0.5 {71,001 81} = {0.1,0.2,0.8}
<5 <1 {72, 2, B2} = {0.1,0.1,0.9}
1.5 Y1 =77 <05 {71,010 81} = {0.1,0.9,0.1}
5 <1<G {72, 2, B2} = {0.1,0.1,0.9}
1.6 Y1 =77 <05 {71,010 81} = {0.1,0.9,0.1}
1< % < % {72,042,52} = {0.1,0.8,0.2}
1.7 Y1 =7 > 05 {11,010 81} = {0.9,0.2,0.8}
B <5 <! {r2, a2, B2} = {0.9,0.1,0.9}
1.8 Y1 =7 > 05 {11,010 81} = {0.9,0.9,0.1}
B <1<% {r2, a2, B2} = {0.9,0.1,0.9}
1.9 1 ="72>0.5 {y1,01 61} = {0.9,0.9,0.1}

(e} (07
1<B_§<B_i

{72, a2, B2} = {0.9,0.8,0.2}

Table 15: Examples for case 1, H/L comparative statics, HL/LH sorting
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Example Qualitative Type Specific values

2.1 Y1 <2 < 0.5 {71,018} = {0.1,0.5,0.5}
AL — %2 1 {’72 (6% 52} = {04 0.5 05}

61 52 9y ) 9y )
2.2 <72 <05 {71, 01,81} = {0.1,0.1,0.9}
al = 22 ] {’72 a9 52} = {0.4 0.1 0.9}

B1 B2 ) 4 VT
2.3 Y1 <7< 0.5 {’71,0&1751} = {0.1,0.9, 0.1}
aL— 22 > ] {’72 a9 52} = {0.4 0.9 0.1}

61 52 9y ) 9y )
24 Y1 <7< 0.5 {’71,0&1751} = {0.1,0.1, 0.9}
o (72, a2, Bo} = {0.4,0.3,0.7}

Bl 62 ) ) 9y )
2.5 Y1 <7< 0.5 {’71,0&1751} = {0.1,0.9, 0.1}
a5 X {72 a9 52} = {0.4 0.1 0.9}

B1 B2 P ’ ’
2.6 71 < 0.5 <y {’71,0&1751} = {0.1,0.5, 0.5}
% = % =1 {72,042,52} = {0.9,0.5,0.5}
2.7 71 < 0.5 <y {"}/1,041751} = {0.1,0.1,0.9}
Q=92 ] {72, s, B2} = {0.9,0.1,0.9}

61 /32 ) b 9 )
2.8 71 < 0.5 <y {"}/17041751} = {0.1,0.9,0.1}
o =9z {72, a2, B2} = {0.9,0.9,0.1}

B1 B2 ) a4 )T
2.9 71 < 0.5 <y {"}/1,041751} = {0.1,0.3, 0.7}
o <5 {72, 2, B2} = {0.9,0.7,0.3}
2.10 71 < 0.5 <y {"}/1,041751} ={0.1,0.9,0.1}
o> 5 {72, @2, 82} = {0.9,0.1,0.9}
2.11 0.5 <y <7 {7,016} ={0.6,0.5,0.5}

B1 B2 ) 4 i)
2.12 0.5 < Y1 < Y2 {’71,0&1751} = {0.6,0.1, 0.9}
aL— 22 <] {’72 a9 52} = {0.9 0.1 0.9}

61 52 ) ) 9y )
2.13 0.5 < Y1 < Y2 {’71,0&1751} = {0.6,0.9, 0.1}
aL— 22 > ] {’72 a9 52} = {0.9 0.9 0.1}

61 52 ) ) 9y )
2.14 0.5 < Y1 < Y2 {’71,0&1751} = {0.6,0.6, 0.4}
a - X {72 9 52} = {09 0.7 03}

B1 B2 e ’ ’
2.15 0.5 < Y1 < Y2 {’71,0&1751} = {0.6,0.9, 0.1}
% > % {727042,52} = {0.9,0.1,0.9}

Table 16: Examples for case 2, H/L comparative statics, HL/LH sorting
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Example

Qualitative Type

Specific values

3.1 Y2 <71 < 0.5 {71,010 81} = {0.2,0.3,0.7}
% < % <1 {’72,0[2,52} = {01,01,09}
3.2 Yo <71 <05 {’71,0&1751} = {0.4,0.9, 0.1}
% <1l< % {’72,0&2,52} = {0.1,0.1,0.9}
3.3 Y2 <71 < 0.5 {’71,0&1751} = {0.4,0.9, 0.1}
1< % < % {"}/27042,52} = {0.3, 0.55, 0.45}
3.4 9 < 0.5 < {71,011} = {0.55,0.4,0.6}
% < % <1 {72,6!2,,82} = {0.4570.1,0.9}
3.9 Y2 < 0.5 < {"}/17041751} ={0.7,0.9,0.1}
% <1l< % {727042,52} = {0.3,0.1,0.9}
3.6 Y2 < 0.5 < {’Yl, alﬂl} = {0.5570.9, 0.1}
1< % < % {72,&2,,82} = {0.4570.6,0.4}
3.7 0.5 <y <m {m,a1,8:} ={0.7,0.45,0.55}
% < % <1 {’72,0[2,52} = {06,01,09}
3.8 05 <y <m {7,016} ={09,0.9,0.1}
% <1l< % {’72,0&2,52} = {0.6,0.1,0.9}
3.9 05 <y <m {’71,0&1751} = {0.9,0.9, 0.1}

(e} (07
1<B_§<B_i

{72, a9, B2} = {0.8,0.7,0.3}

Table 17: Examples for case 3, H/L comparative statics, HL/LH sorting
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HA = HFB 1 P1 1 P2 1
IA=1LB 1 vy | varied Yo | varied
S4 1,2] ay | varied | | ag | varied
S 1, 2] By | varied By | varied
SIB{ )\HS]/—} P1 -1 P2 -1
SB ALSH
ky 3
kL 3

Table 18: Parameter values used for studying comparative statics with respect to S and Sy
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Example

Qualitative Type

Specific values

1.1 <72 <05 {71,015} = {0.1,0.8,0.2}
% > % >1 {72,042,52} = {0.2,0.9,0.1}
1.2 M <72 <05 {71,015} = {0.1,0.4,0.6}
% >1> % {’72,0&2,52} = {0.2,0.6,0.4}
1.3 71 <72 <05 {’71,0&1751} = {0.1,0.3, 0.7}
1> % > % {’72,0&2,52} = {0.2,0.4, 0.6}
1.4 71 < 0.5 <y {’71,0&1751} = {0.1,0.8, 0.2}
92> 81> (72, a2, Bo} = {0.9,0.9,0.1}
1.5 71 < 0.5 <y {’71,0&1751} = {0.1,0.4, 0.6}
% >1> % {’72,0&2,52} = {0.9,0.6,0.4}
1.6 71 < 0.5 <y {’71,0&1751} = {0.1,0.1, 0.9}
1> % > % {727042,52} = {0.9,0.2,0.8}
1.7 0.5 < Y1 < Y2 {’71,0&1751} = {0.8,0.6, 0.4}
% > % >1 {72,042,52} = {0.9,0.7, 03}
1.8 0.5 <y <7 {7,016} ={0.8,04,0.6}
% >1> % {727042,52} = {0.9,0.6,0.4}
1.9 0.5 <y < {7,016} ={0.8,0.1,0.9}
1> % > % {727042,52} = {0.9,0.2,0.8}

Table 19:

Examples for case 1, Sy, comparative statics

72




Example

Qualitative Type

Specific values

1.1 <72 <05 {71,008} = {0.1,0.9,0.1}
% > % >1 {72,042,52} = {0.2,0.8,0.2}
1.2 M <72 <05 {71,015} = {0.1,0.6,0.4}
% >1> % {’72,0&2,52} = {0.2,0.4, 0.6}
1.3 71 <72 <05 {’71,0&1751} = {0.1,0.4, 0.6}
1> % > % {’72,0&2,52} = {0.2,0.3,0.7}
1.4 71 < 0.5 <y {’71,0&1751} = {0.1,0.9, 0.1}
o> 92> (72, a2, Bo} = {0.9,0.8,0.2}
1.5 71 < 0.5 <y {’71,0&1751} = {0.1,0.6, 0.4}
% >1> % {’72,0&2,52} = {0.9,0.4, 0.6}
1.6 71 < 0.5 <y {’71,0&1751} = {0.1,0.2, 0.8}
1> % > % {727042,52} = {0.9,0.1,0.9}
1.7 0.5 < Y1 < Y2 {’71,0&1751} = {0.8,0.7, 0.3}
% > % >1 {72,042,52} = {0.9,0.6,0.4}
1.8 0.5 <y <7 {7,016} ={0.8,0.6,0.4}
% >1> % {727042,52} = {0.9,0.4, 06}
1.9 0.5 <y < {7,016} ={0.8,0.2,0.8}
1> % > % {727042,52} = {0.9,0.1,0.9}

Table 20:

Examples for case 2, Sy, comparative statics
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HA = HFB 1 P1 1 P2 1

LA=1L"B 1 v1 | varied Yo | varied
SH 11,2 oy | varied oy | varied
St 1,2 By | varied By | varied
ku 3 P1 -5 P2 -5
kr, 3

Table 21: Parameter values used for studying comparative

HH/LL sorting
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Case

Sorting

Matching

Inter-sector Inequality

Intra-sector

Inequality

more Ws and
Ms sort to S2

no change in match
quality for a given
Wor M

real w and r increase for
Ws and Ms in S2, decrease
for Ws and Ms in S1, and
change ambiguously for Ws

and Ms that switch sectors

no change in w or r

inequality

same as (1)

quality of match for

a given W increases

real w increases for Ws in
S2, and decreases for Ws in
S1; ambiguous change in

real r for Ms

w inequality
increases in both S1
and S2; r inequality
decreases in both S1

and S2

same as (1)

quality of match for
a given W decreases

real 7 increases for Ms in
S2, and decreases for Ms in
S1; ambiguous change in

real w for Ws

w inequality
decreases in both S1
and S2; r inequality
increases in both S1

and S2

same as (1)

quality of match for
a given W in S1

decreases, quality of

match for a given W

in S2 increases

real w increases for Ws in
S2, and either increases or
changes ambiguously for
Ws in S1; real r decreases
for Ms in S1, and either
decreases or changes
ambiguously for Ms in S2

w inequality
decreases in S1 and
increases in S2, r
inequality increases
in S1 and decreases
in S2

same as (1)

quality of match for
a given W in S1

increases, quality of

match for a given W
in S2 decreases

real 7 increases for Ms in
S2, and either increases or
changes ambiguously for Ms
in S1; real w decreases for
Ws in S1, and either
decreases or changes

ambiguously for Ws in S2

w inequality
increases in S1 and
decreases in S2, r
inequality decreases
in S1 and increases
in S2

Table 22: Possible cases for p; /ps comparative statics, HH/LL sorting (W: worker, M: man-

ager, S: sector)
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Example ‘ Qualitative Type ‘ Specific values

2.1 Y1 =72 < 0.5 {fyl’al’ﬂl} =1{0.1,1,1}
=g =1 {72, 2,82} = {0.1,0.5,0.5}

2.2 N =72=05 {m,a1,61} ={0.5,1.8,0.2}
=5>1 {72, 02, B2} = {0.5,0.9,0.1}
E<m=1 {72, a0, Bo} = {0.5,0.4,0.6}

Table 23: Examples for case 2, p;/p, comparative statics, HH/LL sorting
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Example ‘ Qualitative Type ‘ Specific values

n=m=1 {72, a2, B2} = {0.9,0.5,0.5}
3.2 Y1 =" =05 {1,016} = {0.5,0.2,1.8}
m=5<1 {72, a9, B2} = {0.5,0.1,0.9}
3.3 11 =7=05 {1,018} ={0.5,0.8,1.2}
m<FE=1 {72, 0, B2} = {0.5,0.5,0.5}

Table 24: Examples for case 3, p;/pe comparative statics, HH/LL sorting
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Example ‘ Qualitative Type Specific values
4.1 1 <72 <05 {7,061} ={0.2,1,1}
% = % =1 {v2, 2, B2} = {0.3,0.5,0.5}
4.2 v1 < 0.5 <y {m,a1,8:} ={04,1,1}
% = % =1 {2, 2, B2} = {0.6,0.5,0.5}
4.3 0.5 <7 <7 {r, 01,81 ={0.7,1,1}
% = % =1 {2, 2, B2} = {0.8,0.5,0.5}
4.4 71 < 0.5 <y {’71,0&1751} = {0.4,0.2, 1.8}
=7 <1 {72, a2, B2} = {0.6,0.1,0.9}
4.5 71 < 0.5 <y {’71,0&1751} = {0.4, 1.8, 0.2}
% = % > 1 {727042752} - {06709701}
4.6 71 < 0.5 <y {’71,0&1751} = {0.4,0.3, 1.7}
% < % <1 {727042752} = {06702708}
4.7 71 < 0.5 < ¥ {71,016} = {0.4,0.5,1.5}
% < % <1 {727042752} = {06702708}
4.8 71 < 0.5 <y {71,041751} = {0.4, 1.7, 03}
% > % >1 {72,042,52} = {0.6,0.8,0.2}
4.9 y1 < 0.5 < o {1, a1,p1} ={04,1.5,0.5}
% > % >1 {72,042,52} = {0.6,0.8,0.2}

Table 25: Examples for case 4, p;/py comparative statics, HH/LL sorting
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Example ‘ Qualitative Type Specific values
5.1 Yo <y < 0.5 {’yl, a1751} = {0.3, 1, 1}
% == % =1 {’72,0&2,52} = {0.2,0.5,0.5}
5.2 12 < 0.5 <™ {v1,01,61} ={0.6,1,1}
% = % =1 {727052752} - {04705705}
5.3 0.5 <7y <m {7, 01,81} ={0.8,1,1}
% = % =1 {’72,0&2,52} = {0.7,0.5,0.5}
5.4 71 < 0.5 <y {’71,0&1751} = {0.6,0.2, 1.8}
=7 <1 {72, 2, B2} = {0.4,0.1,0.9}
5.5 71 < 0.5 <y {’71,0&1751} = {0.6, 1.8, 0.2}
% = % >1 {727042752} = {04709701}
5.6 71 < 0.5 <y {’71,0&1751} = {0.6,0.3, 1.7}
% < % <1 {727042752} = {04702708}
2.7 71 < 0.5 <y {"}/1,041751} = {0.6,0.5, 1.5}
% < % <1 {727042752} = {04702708}
5.8 71 < 0.5 <y {"}/17041751} = {0.6, 1.7, 0.3}
% > % >1 {727042752} = {04708a02}
5.9 71 < 0.5 <y {"}/1,041751} = {0.6, 1.5, 0.5}
% > % >1 {72,042,52} = {0.4,0.8,0.2}

Table 26: Examples for case 5, p;/ps comparative statics, HH/LL sorting
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HA = HFB 1 P1 1 P2 1

LA=1L"B 1 v1 | varied Yo | varied
SH 11,2 oy | varied oy | varied
St 1,2 By | varied By | varied
]{ZH 3 P1 -0.5 P2 -0.5
kr 3

Table 27: Parameter values used for studying comparative

HL/LH sorting
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statics with respect to p;/ps,



Case Sorting Matching Inter-sector Inequality Intra-sector

Inequality
more Ws and . . . .
(1) M ¢ to S quality of match for real w increases for worst w inequality
s sort to
a given W decreases Ws in S2, changes decreases in both S1

ambiguously for best Ws in | and S2, r inequality
S2, and decreases or increases in both S1
changes ambiguously for and S2
Ws in S1; real r increases
for best Ms in S2, changes
ambiguously for worst Ms
in S2, and decreases or
changes ambiguously for Ms
in S1

(2) same as (1) same as (1) real w increases for Ws in same as (1)

S2, and either increases or
changes ambiguously for
Ws in S1; real r decreases
for Ms in S1, and either
decreases or changes

ambiguously for Ms in S2

(3) same as (1) same as (1) real r increases for Ms in same as (1)
S2, and either increases or
changes ambiguously for Ms
in S1; real w decreases for
Ws in S1, and either
decreases or changes
ambiguously for Ws in S2

4) same as (1) same as (1) real w increases for Ws in same as (1)
S2, and decreases for Ws in
S1; ambiguous change in
real r for Ms

(5) same as (1) same as (1) real r increases for Ms in same as (1)
S2, and decreases for Ms in
S1; ambiguous change in

real w for Ws

Table 28: Possible cases for p; /ps comparative statics, HL/LH sorting (W: worker, M: man-
ager, S: sector)
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Example ‘ Qualitative Type ‘ Specific values

11 Nn=72=05 {71,01,61} = {0.5,0.2,0.8}
7 <gp<l1 {72, a2, 82} = {0.5,0.1,0.9}
1.2 Y1 =7 =05 {1,018} ={0.5,0.9,0.1}
7 <l<g {72, 2,82} = {0.5,0.1,0.9}
1.3 Y1 =7 =05 {y,a1.81} ={0.5,0.9,0.1}
1<% <% {72, 2, B2} = {0.5,0.8,0.2}
L4 M =7 <05 {m,o B} ={0.45,0.6,0.4}
5 <5 {72, 02, B2} = {0.45,0.4,0.6}
Lo M =72 >05 {m,a B} ={0.55,0.6,0.4}
5 <5 {72, a2, B2} = {0.55,0.4,0.6}
1.6 RASNNE: {71,01,61} = {0.5,0.6,0.4}
B <G {2, s, Bo} = {0.505,0.4,0.6}
L7 71> 72 {v1,01.61} = {0.505,0.6,0.4}
5 < B {9, a2, B2} = {0.5,0.4,0.6)

Table 29: Examples for case 1, p;/ps comparative statics, HL/LH sorting
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Example ‘ Qualitative Type ‘ Specific values

2.1 =7 <05 {1,018} ={0.1,0.2,0.8}
7 <F <1 {72, a2, 82} = {0.1,0.1,0.9}

2.2 =7 <05 {y,a1.81} ={0.1,0.9,0.1}
% <1l< % {’72,0&2,52} = {0.1,0.1,0.9}

2.3 =7 <05 {y,a1.81} ={0.1,0.9,0.1}
1<® <5 {72, a2, Ba} = {0.1,0.8,0.2}

2.4 71 <72 <05 {’71,0&1751} = {0.1,0.9, 0.1}
5 <& {9, a2, Bo} = {0.15,0.1,0.9}

2.5 Yo <y < 0.5 {v1,01.8:} = {0.15,0.9,0.1}
B <& {72, a2, 82} = {0.1,0.1,0.9}

Table 30: Examples for case 2, p;/ps comparative statics, HL/LH sorting
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Example ‘ Qualitative Type ‘ Specific values

3.1 11 =22 >05 {1,011} ={0.9,0.2,0.8}
7 <F <1 {72, a2, B2} = {0.9,0.1,0.9}

3.2 11 =" >05 {1,018} ={0.9,0.9,0.1}
F <1<z {72, @2, 82} = {0.9,0.1,0.9}

3.3 71 =27 > 0.5 {71,010 81} = {0.9,0.9,0.1}
1< % < % {727042,52} = {0.9,0.8,0.2}

3.4 Y1 > 72 > 0.5 {’71,0&1751} = {0.9,0.9, 0.1}
B < B {9, 2, B2} = {0.85,0.1,0.9}

3.5 Yo > v > 0.5 {’yl, alﬂl} = {0.8570.9, 0.1}
B < B {9, 2, B2} = {0.9,0.1,0.9}

Table 31: Examples for case 3, p;/ps comparative statics, HL/LH sorting
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Example ‘ Qualitative Type Specific values

41 M <72 <05 {71,011} = {0.1,0.5,0.5}
m=F=1 {72, a2, B2} = {0.3,0.5,0.5}

4.2 M <05 <7 {71,161} = {0.1,0.5,0.5}
F=F=1 {72, 02, B2} = {0.9,0.5,0.5}

4.3 0.5 <71 <72 {m,a1,61} ={0.7,0.5,0.5}
B = =1 {72, 2,42} = {0.9,0.5,0.5}

44 M <72 <05 {71,161} = {0.1,0.1,0.9}
% = % <1 {72, 2, B2} = {0.3,0.1,0.9}

4.5 7 <05 <7 {71,161} = {0.1,0.1,0.9}
G =5 <1 {2, a2, B2} = {0.9,0.1,0.9}

16 0.5 <71 <72 {7,161} ={0.6,0.1,0.9}
B <! {12, a2, B2} ={0.9,0.1,0.9}

4.7 M <72 <05 {1,011} = {0.1,0.9,0.1}
B =8> {72, a2, Ba} = {0.4,0.9,0.1}

4.8 71 < 0.5 <7 {y1,a1,1} = {0.1,0.9,0.1}
B =8> {72, a2, Ba} = {0.9,0.9,0.1}

9 0.5 <m <72 {71,015} ={0.8,0.9,0.1}
=5 >1 {72, a2, Ba} = {0.9,0.9,0.1}

4.10 <72 {m,a1,61} ={0.1,0.1,0.9}
B <5 <1 {72, a2, Ba} = {0.3,0.2,0.8}

411 7 <72 {7,018} ={0.1,0.3,0.7}
1<% {72, a2, Ba} = {0.9,0.7,0.3}

12 M <72 {y1,01,81} ={0.7,0.8,0.2}
<5 <% {72, 2, B2} = {0.9,0.9,0.1}

413 7 <72 {m,a1,61} ={0.1,0.9,0.1}
5> 5 {12, a2, B2} = {0.9,0.1,0.9}

Table 32: Examples for case 4, p; /p, comparative statics, HL/LH sorting
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Example

Qualitative Type

Specific values

5.1 ya <y < 0.5 {11,001 81} = {0.2,0.3,0.7}
% < % <1 {’72,0[2,52} = {01,01,09}
5.2 ya <y < 0.5 {71,010 81} = {0.4,0.9,0.1}
% <1l< % {’72,0&2,52} = {0.1,0.1,0.9}
9.3 Yo <71 <05 {’71, 011,51} = {0.45,0.9, 0.1}
1< % < % {’72, g, ﬁg} = {0.35,0.6, 0.4}
5.4 Y2 < 0.5 < {’71, 011,51} = {0.55,0.4, 0.6}
% < % <1 {’72,0[2,ﬁ2} = {045,01,09}
5.5 Y2 < 0.5 < {’71,0&1751} = {0.7,0.9, 0.1}
% <1l< % {727042,52} = {0.3,0.1,0.9}
5.6 Y2 < 0.5 < {’71, 011,51} = {0.55,0.9, 0.1}
1< % < % {72,&2,,82} = {0.4570.6,0.4}
5.7 05 <y <m {m,a1,6:} ={0.65,0.4,0.6}
% < % <1 {72,6!2,,82} = {0.5570.1,0.9}
5.8 0.5 <y <m {7,016} ={0.9,0.9,0.1}
% <1l< % {727042,52} = {0.6,0.1,0.9}
5.9 05 <y <m {7,016} ={09,0.9,0.1}
1< % < % {727042,52} = {0.8,0.7, 03}

Table 33: Examples for case 5, p;/ps comparative statics, HL/LH sorting
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